Let F and G be entire functions given by Dirichlet series with exponents increasing to +∞. In the term of a generalized order it is introduced a concept of their relative growth and its connection with the growth of F and the growth of G is shown.
then we say that f has a regular growth with respect to g. We remark that if
Ch. Roy [1] tried to prove the following two theorems.
, and if, moreover, g has the regular growth then 
In the proof of Theorem A in [1] it is used the estimate ln M g (r) < r ϱ[g]+ε for each ε > 0 and all r ≥ r 0 (ε). To obtain this estimate it is necessary that ϱ[g] < +∞, but not ϱ[g] > 0. Therefore, the conclusion of Theorem A is uncertain. In fact, in Theorem A it is necessary to replace the assumptions ϱ[f ] < +∞ and ϱ[g] > 0 by the following one:
The conclusion of Theorem B is false. Indeed, the functions f (z) = sin z and g(z) = cos z have order 1 and the regular growth and by (1) 
The aim of our note is to prove analogues of Theorems A and B for entire Dirichlet series of finite generalized orders.
2. Main results. Let Λ = (λ n ) be a sequence of nonnegative numbers increasing to +∞ and S(Λ) the class of entire Dirichlet series
For
Let L be the class of continuous increasing functions α such that α(
are called the generalized order and the lower generalized order of G, respective. We say that the function F has generalized regular growth if
. We need the following lemma ( [2] ).
Then
We remark that the generalized order can be define as follows
Therefore, by analogy we define the generalized order ϱ α,β [F ] G of the function F with respect to a function G, given by an entire Dirichlet series 
Similarly we define the lower generalized order λ α,β [F ] G of F with respect to G by the formula
and say that F has generalized regular growth with respect to
] is true and subject to the condition of the generalized regular growth of G this inequality converts into an equality.
Except for cases, when
Proof. Indeed,
and if there exists lim
The first part of Theorem 1 is proved. The proof of second part is similar. Indeed,
We remark that except the cases, when 
, then, repeating the proof of Theorem 1, we obtain the inequality ϱ *
and subject to the condition of the generalized regular growth of G we obtain also the equality 
If the function G has generalized regular growth and
Moreover, if F has generalized regular growth and
Proof. By Theorem 1 and Lemma 1 we have
On the other hand, let κ * > 0. Then for every ε ∈ (0, κ * ) there exists an increasing to ∞ sequence (n k ) of integers such that
.
and, thus,
* is true. For κ * = 0 the last inequality is obvious. In view of (4) the first part of Theorem 2 is proved. For the proof of the second part we remark that since the function G has generalized regular growth, by Theorem 1 and Lemma 1
On the other hand, if κ * < +∞ then for every ε ∈ (0, κ * ) there exists an increasing to ∞ sequence (n k ) of integers such that
whence, as above, in view of the generalized regular growth of F we obtain the inequality
The last inequality is trivial if κ * = +∞. By virtue of (5) the proof of Theorem 2 is completed.
Corollaries and addition. For β(x)
then we obtain definitions of R-orders and lower R-orders.
If the function G has generalized regular growth and
except for the cases, when
except the cases, when
Proof. Since functions (8) have generalized regular growth with respect to G, by Theorem 1
i. e. in view of (9) 
In view of (9)
Therefore, from (10) we obtain
i. e. the function F has generalized regular growth with respect to G and
